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ABSTRACT

Researchers around the world have demonstrated correlations between measurements of SARS-CoV-2 RNA in wastewater (WW) and case

rates of COVID-19 derived from direct testing of individuals. This has raised concerns that wastewater-based epidemiology (WBE) methods

might be used to quantify the spread of this and other diseases, perhaps faster than direct testing, and with less expense and intrusion. We

illustrate, using data from Scotland and the USA, the issues regarding the construction of effective predictive models for disease case rates.

We discuss the effects of variation in, and the problem of aligning, public health (PH) reporting and WW measurements. We investigate time-

varying effects in PH-reported case rates and their relationship to WW measurements. We show the lack of proportionality of WW measure-

ments to case rates with associated spatial heterogeneity. We illustrate how the precision of predictions is affected by the level of

aggregation chosen. We determine whether PH or WW measurements are the leading indicators of disease and how they may be used in

conjunction to produce predictive models. The prospects of using WW-based predictive models with or without ongoing PH data are

discussed.
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HIGHLIGHTS

• This study is a worked example of predicting the spread of disease using wastewater-based epidemiology (WBE).

• It demonstrates non-linear relationships between wastewater and public health measures of the disease.

• It demonstrates time-varying relationships in WBE.

• It investigates time lags in the prediction of WBE.

• It makes recommendations for building predictive models in WBE.
INTRODUCTION

The utility of wastewater-based epidemiology (WBE) as an efficient approach to monitoring the health of populations and the

environment has been increasingly recognised over the last decade. WBE has been used to estimate illicit drug use trends
(Thomas et al. 2012; Ort et al. 2014) but has also been applied to estimate public exposure to alcohol (Reid et al. 2011;
Baz-Lomba et al. 2016), tobacco (Castiglioni et al. 2015), counterfeit medicines (Venhuis et al. 2014; Causanilles et al.
2018), as well as levels of stress biomarkers, such as isoprostanes (Ryu et al. 2016; O’Brien et al. 2019), and usage of phar-
maceuticals (Escolà Casas et al. 2021; Kasprzyk-Hordern et al. 2021). Interest in this approach dramatically increased
because of the COVID-19 pandemic, resulting in rapid conceptual and methodological advances. In our examples, we exam-

ine the application of WBE to monitoring SARS-CoV-2 and highlight some of the uncertainties and challenges that remain in
modelling the data. These considerations will apply to many other pathogens of ongoing interest and are relevant for planning
responses to future pandemics.
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If it were possible to obtain real-time reliable estimates of disease prevalence in a community, there would be little need for

WBE. In practice, it is expensive, time-consuming, and intrusive to obtain good public health (PH) data because this requires
direct sampling or recording of individuals. In contrast, wastewater (WW) can be sampled at a lower cost, processed more
quickly, and carried out with much lower privacy concerns. WBE is already being used around the world to monitor

SARS-CoV-2 RNA in WW in various ways. We identify three increasingly challenging modes of use:

1. Presence or absence of RNA in WW. In countries where a so-called zero-COVID policy has been attempted, this can ident-

ify the presence of infection in the community that might prompt lockdown measures.
2. Qualitative level of RNA in WW. For example, this might be reported as absent, low, medium, or high. This gives an indi-

cation of the general level of COVID-19 infection in the community without attempting a numeric estimation. It also
provides an indication of change over time in levels of infection. Public dashboards for WW RNA reports often use

this mode (see Scotland example below).
3. Numeric estimates of the numbers of individuals currently infected with COVID-19 coupled with a prediction of near-

future numbers of infected along with realistic expression of uncertainty in the estimates and predictions.

WBE has largely succeeded in the first two of these modes, but the third goal of numerical estimation and prediction
remains a challenge. A discussion of this challenge is the topic of this article. The first two modes of operation do not require

detailed PH data, while the third mode requires at least some quality PH data (in our example, we wish laboratory-confirmed
COVID-19 cases) and a model for the relationship between PH and WW data. For WW data to provide an added value
beyond PH data, it needs to produce satisfactory predictions in the absence of PH data after some initial (or training) PH

data have been used to produce a predictive model. Once a WW-based model has been established, it might compensate
for future shortcomings in PH data. For example, there have been failures in PH testing laboratories and the exceedance
of test capacity. In the longer term, one might allow that the WW model would suffice without any PH data.

Many recent papers (Ai et al. 2021; Feng et al. 2021; Greenwald et al. 2021; Melvin et al. 2021; Zulli et al. 2021; Wurtzer

et al. 2022) show a correlation between the daily or weekly amount of COVID-19 RNA in WW and the numbers of COVID-
19 infections reported to the PH authorities, but some do not go beyond showing a correlation. Certainly, the presence of a
correlation indicates the potential for a prediction but substantial additional work is necessary before an operational model

that provides numerical predictions can be produced. There is some debate about how much WW data can anticipate PH
data, which relates to the goal of WW models providing an ‘early warning system’.

The quality of predictions depends on the quality of WWmeasurements. Improving these measurements is a major focus of

WBE research. There are many sources of variation that affect these measurements that are discussed in Alhama et al. (2021)
and Wade et al. (2022). We accept that these measurements are subject to some variability. Our interest lies in the conse-
quences of this variability.

We start with a description of the WW and PH data used in our running Scotland example. We discuss how WW and PH
data are aligned and the issues with the use and quality of PH data. We look at the form of the relationship between PH and
WW data and how this can vary over time. We consider the relative advantages of predicting with WW and PH data. We
conclude with a discussion of how predictive models might continue to perform into the future.
DATA

The data for the main example come from Scotland from the beginning of September 2020 to the end of August 2021. Public

Health Scotland has publicly provided daily reports of laboratory-confirmed COVID-19 cases broken down by the 14 Health
Area Boards that cover all of Scotland – see Public Health Scotland (2021). The Scottish Environmental Protection Agency
has collated and publicly provided data – see Scottish Environmental Protection Agency (2021) – from up to 110 WW treat-
ment plants (WWTPs) in our data. Composite samples were drawn over 24-h periods. Samples were processed and analysed

using RT-qPCR methods to produce a measure of SARS-CoV-2 RNA in gene copies per litre. Some WWTPs were sampled
frequently but other WWTPs less densely and not for the whole period of this study. Further details will be provided in
the analysis to follow.

Our purpose here is not to conclude anything about Scotland specifically, but to use this data as a representative of the type
of data that might be collected anywhere. Data of this nature are subject to many uncertainties that will be present in any
location. Our interest lies in the modelling process and the general lessons that may be learned.
://iwaponline.com/jwh/article-pdf/20/7/1038/1081968/jwh0201038.pdf
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In practice, one might also allow additional data such as flow and water quality data from WWTPs. Such data might

improve the quality of the predictions but will not always be available in all locations. In this study, we restrict attention
to only the case and RNA count data to focus on the modelling aspects.

We also consider data from the USA provided publicly by Biobot (2021) (see Duvallet et al. (2021) for an analysis partially

based on this data). These data differ in that only weekly COVID-19 case data are available, and the WWTPs within each of
the 30 counties available have already been combined. We use this data to confirm that the general conclusions drawn from
the Scotland data apply elsewhere.

Registering WW and PH data

In our example data from Scotland, there are 14 PH areas reporting daily cases. These areas cover Scotland completely.
We also have WW measures from 110 WWTPs. These WWTPs serve catchments that are usually (but not always) within
a single PH area. Not all WW flows to a WWTP, particularly in rural areas, and not all WWTPs (particularly smaller

ones) are sampled. Three sparsely populated areas have only one WWTP sampled, while one area has 17 WWTPs. In
Glasgow, the largest city, almost all the population is served by a sampled WWTP, while as little as a third of the population
in the more sparsely populated areas is served by a sampled WWTP. Overall, about 70% of the population is served by a

WWTP included in the data. A WWTP serving a large population might be sampled several times a week across the
whole period of the study, while smaller WWTPs might be sampled less frequently and only in the later part of the study.
Although reporting and measurement practices vary across the world, the challenges seen in our example data are likely
to arise in many locations. In less wealthy countries, less information is likely to be available.

We have taken a simple approach to aligning the WW to the PH data.

1. For each WWTP, during the period for which observations are available, we use LOCF (last observation carried forward,

i.e., the estimate does not change until a new observation becomes available) to create a daily estimated WW measure.
We avoid interpolation because, when making predictions, we will know only past values and not the future value.

2. For each day within each area, we computed a weighted average of the WWTPs where the weights are equal to the popu-

lation served by the WWTP.
3. Reporting of cases is sensitive to the day of the week. We use a rolling weekly mean to avoid day-of-the-week effects. The

rolling mean uses only the past seven values and no future values.

4. In processing both the WW and PH data, we have taken care to avoid using data from the future, but this also results in
some small lag to both estimates.

One might reasonably suggest improvements to this procedure. We might use Geographic Information Systems data to
better allocate WWTPs across PH areas. We might use other methods of integrating data from the recent past. But the
point is that uncertainty will unavoidably be added, and the nature of the data will limit the localisation and confidence
in our predictions.

There are time lags in both the WW and PH data processes. The amount of RNA deposited in WW varies over time within
an individual as determined by the faecal shedding profile and between individuals – see Hoffmann & Alsing (2021). When
considering data from a narrow locality such as a school or hospital, it is necessary to model these effects if we wish to esti-

mate the number of infected individuals. For the larger areas we are considering, these effects are averaged over many
individuals, and it is not feasible to deconvolve the individual profiles. We do not consider the faecal shedding profile in
the models considered later for this reason, but there will be a time lag between infection and measurable RNA appearing

at the WWTP. Similarly, PH reporting will experience time lags due to the delay in the appearance of symptoms and the
processing and reporting of PCR test results. We have not modelled either of these lags in the models to follow.

Issues with PH data

WW and PH data both measure the quantity of disease present in the population. We have acknowledged the variability in

WW measurements, but PH measures have their own set of problems.
Although WW measures prevalence, many studies report the correlation between RNA measures and incidence. Incidence

relates to new cases, whereas prevalence relates the number of currently infected individuals. RNA concentrations measure

prevalence but imperfectly. Governments tend to be more interested in incidence, particularly large increases that might motiv-
ate interventions, so there is impetus to make incidence the target of predictive modelling. One can attempt to estimate the
prevalence by integrating the incidence with an appropriate weighting function that takes into account the length of infection
om http://iwaponline.com/jwh/article-pdf/20/7/1038/1081968/jwh0201038.pdf
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and other factors. By the same reasoning, incidence can be regarded as a form of derivative of the prevalence function and is

inherently more difficult to predict. For the purposes of this study, we use the 7-day rolling mean of the daily incidence. This has
the advantage of resolving the day-of-the-week variation and the use of the mean results in a measure that is somewhere between
incidence and prevalence. This will be the target of our predictive model and we will call it the case rate.

Onemajor goal ofWBE is to replacemore expensive and intrusive PHmeasures of SARS-CoV-2 (or other diseases) with less-
expensiveWWmeasures. To build a predictivemodel for case rates, we need a training set with reliable PHmeasures. This may
be difficult to obtain, particularly when our goal is to avoid the necessity of collected PH measures in the longer term.

In the UK, symptomatic individuals and, sometimes, close contacts are strongly encouraged to take a PCR test and report

the results to the PH authorities. Unfortunately, from a modelling perspective, some individuals will be asymptomatic and
others will not be compliant. Furthermore, there have been problems with some commercial PCR testing laboratories. Inde-
pendently, the UK’s Office of National Statistics (ONS) takes weekly random samples from the population to estimate the

proportion who are currently infected. This survey is small in scale and can only produce reliable estimates over large
areas – in this case, all of Scotland. It cannot be used alone to provide the localised information we require for our prediction
model. Even so, we can use it to check the PH data.

We compute the ratio of the weekly number of cases across all Scotland to the weekly estimated number from the ONS
infection survey. This ratio is shown in Figure 1 as it varies over time. We see that the ratio reaches a maximum value of
about 0.35. We expect that the ratio will be less than one because infected individuals will only report at most once in the

PH data but will test positive over more than 1 week for infection survey purposes. Furthermore, the infection survey will
also capture asymptomatic cases. We could develop a method to estimate the prevalence from the PH data, but there is a
more serious problem. The ratio is not constant over time. A plausible explanation is that PH reporting improved over the
time period, but other explanations are possible.

Any proposed prediction model will need to address this variable bias in the PH measure. In this location, we have the
benefit of two independent measures of the case rate, but this will not be available in general (it is not present in our second-
ary USA example).

Case rates are not proportional to RNA measures

We start with a focus on the data from the largest city in Scotland, Glasgow, which has the densest data across the available
areas as seen in Figure 2. Both the PH and the WW measures are caused by the true number of infected individuals. The PH
Figure 1 | Ratio of reported COVID-19 cases to cases estimated by the ONS infection survey.

://iwaponline.com/jwh/article-pdf/20/7/1038/1081968/jwh0201038.pdf



Figure 2 | SARS-CoV2 RNA and COVID-19 case rates in Glasgow. The case rate is the number infected per 100,000 population (as defined
earlier). A log-scale is used on the left with a linear fit and 95% confidence band. On the right, the same data are shown untransformed and
with smoothed LOESS fit.
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measure is less variable but more expensive to obtain, while the WWmeasure is more variable but less expensive. The interest

lies in predicting the PH measure from the WW measure because we envision a future use where only the WW measure is
available. Furthermore, the PH measure is in the units we need, while the WW measure is an RNA concentration, which is
not directly useful. For these reasons, our models treat the RNA measure as the predictor and the case rate as the response.

There are strong biological reasons to expect that cases should be proportional to measured RNA. Let c be cases (per
100,000 population) and g be gene copies per litre. By the proportionality assumption, these are linked by:

c ¼ pg (1)

Ideally, one would determine the constant p by some calibration process that would depend on the locality. We can then
measure g and directly estimate c. Naturally, we expect some measurement errors. We expect that other variables, such as
flow rates or water quality indicators, will add variation. If we wish to use WBE to estimate disease prevalence when PH
data are not available, it is critical that this underlying linear relationship holds.

Because c and g often vary over orders of magnitude, it is understandably common to plot them on a log-scale (the base of
the log is not important) as seen in the first plot of Figure 2. An approximate linear relationship is seen, as is typical in such
plots, like so:

log c ¼ aþ b log g (2)

This linearity on the log-scale becomes c ¼ pgb on the untransformed scale where a ¼ logp. Unless b¼1 (which we would
prefer), the relationship is non-linear. In the Glasgow data, we can estimate b from the slope as 0.69 with a standard error (SE)

of 0.026. We see that b,1, so that a convex curvilinear relationship is fitted. Of all the 14 areas in this data, this is the highest
estimate of b. Furthermore, when we fit a smoothed curve to the untransformed data as seen in the second plot of the figure,
we do not even see the expected power curve relationship. We will see later that this is typical and not unique to Glasgow.
om http://iwaponline.com/jwh/article-pdf/20/7/1038/1081968/jwh0201038.pdf
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How can we address this situation? As we shall see later, there is a time-varying relationship that may explain at least part

of the problem. Furthermore, if we had additional auxiliary data, we might be able to normalise (or correct) the measurements
to restore a c ¼ pg relationship.

An additional concern is the classic errors-in-variables or measurement error problem as described in Fuller (1987). Both c
and g are subject to a substantial measurement error, which leads to some complications with the estimation of p. There are
well-established methods for working with this, which we do not pursue further here.

There remains a possibility that even after these corrections and adjustments, the proportional relationship is not restored.
This would make predictive modelling substantially more difficult. We return to this issue in the discussion.

For very low or zero counts, there are difficulties in using the log transformation. There are also complications when the
RNA measure approaches the limits of quantification and detection. Some modification to the modelling approach is necess-
ary, but these complications do not arise with the Glasgow data due to the high population and prevalence of COVID-19.

Locality of the relationship between case rates and RNA measures

Figure 3 shows the same information as in the right panel of Figure 2 but for four representative areas. We see that the shape
of the relationship between case rates and RNA measures varies by locality. The weakest relationship is seen in Orkney,
which is the least populated area shown. The heterogeneity in the relationship carries over to the areas not shown. The

relationship varies in ways that would be difficult to parameterise. We can make a prediction for these locations, but we
would find this difficult in new locations without substantial PH data.

Let us suppose that, with appropriate normalisation and improvements in measurement, we can get closer to linearity on a

log-scale. As is, the data already show a roughly approximate linear relationship on the log-scale. Consider a linear model on
this log-scale, where the parameters vary by area i:

log c ¼ ai þ bi log g (3)

In fitting this model, we find that the values of a and b vary significantly by i. The estimated values of the slope b are always
well less than 1, with more populated areas having b � 0:65, while the less populated areas show lower values indicating a

weaker relationship in those areas. In these areas, the WWTP coverage is lower, fewer samples are taken, and the infection
rates tend to be lower due to the sparser population. The intercept ai represents the amount RNA measured per infected
Figure 3 | Relationship between SARS-CoV2 RNA and COVID-19 case rates in four areas of representative areas of Scotland.
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individual, but these show substantial variation. There are several plausible reasons for this variation. The amount of time

RNA spends in the sewerage will vary according to the locality and other environmental factors that will affect the rate of
decay.

Provided these parameters remain constant in time, we might use training data to build a model to predict future case rates

based on future WW measures. A more problematic situation would arise where we introduce WBE to a new location where
we lack the training data we have in this example. Can these parameters be determined without data? How would this work
for a new virus or other target? We might attempt some physical modelling of the amount of RNA (or other output) to be
expected per infected person that would be sampled at a given WWTP, given knowable characteristics of the catchment

and necessary environmental information. This was attempted in Morvan et al. (2021), but without much success. Progress
in this area is necessary to cope with situations where little or no PH information is available, or the target is new.
Aggregation and prediction uncertainty

Suppose we fit the linear model to the logged Glasgow-only data as described previously. We use this model to predict the
case rate based on the average RNA measure observed across all of Scotland for the entire period, which is 56,300 gc/L. Pre-

dicting the case rate for this central value of RNA is an easier task than a prediction for a very low or very high value of RNA.
The predicted number of cases is 25.3 per 100,000 with a 95% prediction interval of (10.6, 60.4). The width of the interval
reflects the uncertainty. For decision-making purposes, we would prefer this to be narrower.

We can reduce the prediction uncertainty by aggregating over all of Scotland and use this aggregate data to fit the linear
model. We compute population-weighted averages of both PH and WW data over all the areas and fit the same model. Under
this model, the predicted case rate for the same RNA measurement of 56,300 gc/L is 21.3, with a 95% prediction interval of

(11.6, 39.1). Thus, fitting a model based on aggregated data reduces the variation, allowing us to obtain a much narrower pre-
diction interval, relatively speaking.

In contrast, should we wish to predict cases within the catchment of a single WWTP and even if we were able to specify

suitable parameters for the catchment area of that WWTP, we would obtain a prediction interval considerably wider than the
Glasgow interval.

We have used a simple but transparent modelling approach. We might improve the prediction uncertainty with some more
sophisticated modelling, but the natural variation in the data, as seen in the figures, limits the precision of the predictions. The

use of auxiliary data not available to us here might also improve the predictions. The acceptable level of uncertainty would
depend on the intended use of these predictions.
Time-varying relationships

We have already seen that the PH reporting of cases varies over time. Now we look at how the relationship between PH and
WW measures changes over time. Consider the varying coefficient model:

c(t) ¼ ai(t)þ b(t)g(t) (4)

where the intercept coefficient functions ai(t) vary with area i, but the slope coefficient b(t) is the same across areas. Vari-
ations on this choice are reasonable, but the essential conclusion would be the same. These models can be fit using the
mgcv package in R (Wood 2017).

In Figure 4, we can see that the a(t) parameters change over time. We show only four of the areas in this plot, but the other
10 are qualitatively similar. The larger the value, the less RNA is measured per infected individual and so smaller values are
preferable. We can see that there were large declines in the early part of 2021 indicating a greater recovery of RNA, but this
improvement was reversed later in the year.

The estimated slope coefficient b(t) is seen in Figure 5. We see that this varies over time and does not approach the desired
value of one. This indicates that the non-proportionality continues throughout the study period while varying in its form.

Why do we see this variability in the relationship? We saw earlier that PH reporting improved during the period of the

study, but this works in opposition to the trends seen in the a(t). Several explanations are plausible.
In Figure 6, we see that the number of samples drawn per month increased sharply in early 2021 and fell off again later in

the year. This is one plausible explanation for why coefficient function varies in the manner seen previously. More samples
om http://iwaponline.com/jwh/article-pdf/20/7/1038/1081968/jwh0201038.pdf
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Figure 4 | Estimated a(t) for four selected areas.

Figure 5 | Estimated b(t) for the time-varying model.
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would have resulted in more accurate and less variable estimates of the area of RNA concentrations, which would have
strengthened the correlation with observed cases. However, there are several other reasons why these functions might vary:

• Variations in PH reporting (as seen in this and the USA data);

• Variations in laboratory methods (these have improved over the period);

• Variations in faecal shedding possibly due to increasing vaccination or SARS-CoV-2 variants;

• Environmental variations such as agricultural runoff or weather, for example.

The time-varying relationship means that it will be difficult to build predictive WBE systems for the long term, and continu-
ing updates, requiring the collection of further PH data, may be necessary.
://iwaponline.com/jwh/article-pdf/20/7/1038/1081968/jwh0201038.pdf
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Predictive ability of WW measurements in comparison with PH measures

How well does WW data predict PH case rates? First, we consider how well WW data can predict future PH data. Consider
lagged models of the form:

log c(t) ¼ ai þ bi log g(t� j) for j ¼ 0, 1, . . .7 (5)

We report R2 and SE of the models in the table below. These are in-sample estimates, but the model class is quite simple. We
would expect the out-of-sample performance to be a little worse.

In Table 1, we see that the fit of the model is best at lag¼0, concurrent prediction and that the greater the lag, the worse the
fit of the model. This indicates that although we can use WW to predict cases further ahead in time, the quality of these pre-
dictions is worse than the concurrent prediction. There is some variation in the findings in published studies. Some claim
improved prediction ahead of time by as much as 2 weeks (Melvin et al. 2021), while others make more modest claims

(Morvan et al. 2021), and some (like us) do not find a look-ahead (Zulli et al. 2021). New infections take varying amounts
of time to appear in the PH and WW systems, and as mentioned earlier, the data analysis induces some lag on both variables.
With adequate resourcing, there is no strong evidence that either system can anticipate the other by any significant number of

days.
Now consider using PH data to predict PH data in the future. If we fit a model of the form where we predict 1 week ahead:

log c(t) ¼ ai þ bi log c(t� 7) (6)
Table 1 | Performance of lagged prediction models

Lag in days R2 Standard error

0 0.715 0.526

1 0.702 0.536

2 0.687 0.548

3 0.671 0.561

4 0.653 0.575

5 0.634 0.589

6 0.615 0.603

7 0.596 0.617
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we find an R2 of 0.845 and an SE of 0.383. This is better than even the concurrent-based WW prediction model. This model is

very simplistic in that we are essentially using last week’s cases to predict this week’s cases. Certainly, we could use forecast-
ing techniques to do better than this.

Do WW measurements improve this last model? We consider the model:

log c(t) ¼ ai þ bi log c(t� 7)þ di log g(t� 7) (7)

This results in an R2 of 0.851 and an SE of 0.375. This is a negligible improvement in predictive ability.
These results suggest that if you have good PH data, you do not gain anything with additional WW data. If you do not have

PH data, you can use WW data to predict PH data, but it works best concurrently.
Our model framing with the PH measure as the response and the WW predictor carries the assumption that the PH

measure is more reliable. If this assumption is correct and the PH data continue to be available, WW measures add little.
But if PH measures are not reliable or do not continue to be available, the WW measures become valuable. Also, there is
the possibility that PH measures are not consistently reliable due to testing failure (BBC 2021), in which case the WW

measures provide an alternative estimate of disease prevalence.

USA comparison

To assess the generalisability of our findings to other contexts, we repeated the analysis data from the USA provided publicly

by Biobot (2021). Similar issues were seen in the USA data.
As seen in the top two plots of Figure 7, the relationship between cases and RNA appears approximately linear on logged

scales, but the non-linearity is apparent on the untransformed scale. We show only Indiana county, Pennsylvania, here, but
this is typical of the 30 counties in the data. There is greater heterogeneity in the amount of RNA observed per case in the

USA data compared to Scotland, which reflects the greater geographical spread in the USA, differences in WW infrastructure,
and variation in PH testing and reporting.

Time-varying relationships were also seen when the same model was fit to the USA as can be seen in the lower two plots of

Figure 7. Again, greater heterogeneity was seen in the USA with no consistent patterns seen in the a(t).
Figure 7 | Top two plots show relationship between cases and RNA for Indiana county, PA, first on a logged scale and then on the
untransformed scale. The bottom two plots show estimates from the time-varying model for the USA data. The lower left plot is the estimate
a(t) for Indiana county, while the lower right plots show the estimated b(t).
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There was less scope to try lagged models with the USA data because of the weekly data. For a concurrent model predicting

cases using RNA as in Equation (5), the value of R2 was 0.681 and the SE was 0.587, while for the week-lagged model, the
value of R2 was 0.470 and the SE was 0.755. As with the Scotland data, concurrent prediction was best. The fit was just
slightly worse for the USA data. Again, the WW data did not help a PH-only forecasting model.

DISCUSSION

When building a predictive model, it is not sufficient to fit the present data well. It is necessary to consider how well the model

will perform in the future. We consider three scenarios.

1. Large amounts of PH data continue to be available. We will be able to update our models continuously. We will be free to

use complex models that require substantial PH data to estimate. This will be particularly valuable when a time-varying
relationship persists. Some recommendations for the updating of prediction models may be found in Jenkins et al.
(2021). With both PH- and WW-based estimates of disease prevalence, we will have some insurance against anomalies

that may arise in either reporting system. This is the most expensive scenario since we must resource two systems of
measurement.

2. A small amount of occasional PH data is available. Suppose we can normalise or adjust our WW measurements, such that

our RNA concentration g follows the proportional relationship c¼pg, where c is the case rate as discussed in Equation (1).
A single observation of c obtained from a brief infection survey would suffice to estimate p. This scenario does not require
that we maintain extensive PH testing infrastructure.

3. No PH data are available. This scenario would arise for a disease or location for which we have not been collecting data or

is new. We would need to match this disease with a similar disease for which we know p. For example, if we have SARS-
CoV-3, we can use our knowledge of SARS-CoV-2.

How can we improve the process? We can improve the WW measurement process in how the samples are drawn and ana-
lysed. With current levels of research, we can expect reductions in variation, which will result in more precise predictions. We
can also increase sampling which will also reduce variation through smoothing and averaging, but this will also increase the

cost. Beyond these desirable measurement process improvements, there is a strategic modelling choice.
We can build complex statistical or machine learning models that require large amounts of WW and PH data to setup.

Along with helpful auxiliary environmental variables, we may achieve strongly predictive models. The drawback of this

approach is that it requires substantial PH data. An alternative is to build a stronger understanding of the sewerage system
by which individuals deposit quantities of RNA (or other substances), while lesser quantities of RNA are sampled at the
WWTP. This requires physical models that describe the effects of environmental variables such as water quality or flow

rates. Better methods of normalisation using biochemical markers would be valuable. Although promising, crAssphage
has not been a clear success – see Ai et al. (2021) and Greenwald et al. (2021). The USA data discussed here used pepper
mild mottle virus for normalisation, but the results were not better than the unnormalised Scottish data. If we could
obtain reliable measures of g that follow the proportional c¼pg relationship, calibrating the relationship to case rates will

not require much PH data.
We have focussed on SARS-CoV-2, which is a relatively difficult target but it has generated much useful data. Some diseases

are endemic and vary slowly – these targets are easily monitored using WBE. Other diseases, such as influenza, are mostly

present at low levels but have occasional larger outbreaks. WBE can be useful here, particularly in the absence of much PH
reporting. Reductions in the variation in WW measurement will help quickly distinguish real large changes in case rates from
noise. The monitoring of novel disease outbreaks using established WBE infrastructure, before PH reporting can be widely

deployed, requires some progress as discussed above.
In this article, we have focussed on the quantitative monitoring or prediction of disease. WBE has already been successful

for other uses and has achieved good progress with the quantification problem. Further improvements in the measurement
process and advanced understanding of how RNA and other substances progress through the sewerage system will enable

more precise and less-expensive estimates and predictions of the disease.
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